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Remarks on Certain Parametrized Algebraic
Equations
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We consider several instances of pairs of integer sequences (c(p, n), a(p, n)), for integer n ≥ 0, and rational
parameters p > 0, that are interrelated through:
exp(
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) =

∑∞
n=0 a(p, n).tn.Exactstatements(Kontsevich,Reutenauer...)indicatethatthealgebraicityoftheordinarygeneratingfunction(gf)ofa(p,n)′simpliesthealgebraicityofthegfofc(p,n)′s.Weemployanexperimental−

typeapproachbyguessingsuchalgebraicgf ′sofc(p,n)′sthatfurnishalgebraicgf ′sofa(p,n)′s.Weusethec(p,n)′sinformcontainingvariousbinomialcoefficientsparametrizedbyp, andthisresultsintheirgf ′sthataregeneralizedhypergeometricfunctions.Incertainsituationswecanrecoverthealgebraicityofgf ′sofa(p,n)evenwithouttheknowledgeofanactualfunctionalformof a(p,n).Incasesthatthea(p,n)′scanbefullyidentifiedfromgivenc(p,n)′s, wederivenovellogarithmicidentitiesbetweenvariousgeneralizedhypergeometricfunctions.If, inaddition,weconceivec(p,n)anda(p,n)asmoments, wesolvetheircorrespondingHausdorffmomentproblemswiththemethodofMeijerG−functions.Thebehaviourofsolutions(weightfunctions)isstudiedbothanalyticallyandgraphically.
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